2025/11/29 16:46 1/1 00

0O

$0 f_{k}(n)=\sum_{i=1}"{n}i~{k}$

$$ \begin{align} f {k+1}(n+1) & =f {k+1}(n)+(n+1)"~{k+1} &\ &

=1+\sum _{i=1}"{n}(i+1)"{k+1} &\ & =1+\sum {i=1}"{n}\sum {j=0}"{k+1} \binom{k+1}{j}
i~{j} &\ & =1+\sum_{j=0}"~{k+1}\binom{k+1}{j} \sum {i=1}"{n} &\ &

=1+\sum {i=0}"{k+1}\binom{k+1}{i} f {i}(n) &\ &

=1+f {k+1}(n)+(k+1)f {k}(n)+\sum {i=0}"{k-1}\binom{k+1}{i} f {i}(n) &\ \end{align} $$

$0 00 :(k+1)f_{k}(n)=(n+1)"~{k+1}-1-\sum_{i=0}"{k-I1}\binom{k+1}{i} f {i}(n)$

$0000:f {k-1}(n)=\frac{(n+1)"~{k}-1}{k} - \frac{1}{k}\sum_{i=0}~{k-2}\binom{k}{i}
f_{i}(n)$

oogood

00 $\sum_{i=1}"ni~k=f[n][kI$O$f1k]$O OO OO OO $k+1$0 000000 O O $f0\sim k+1][k]$0
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000000 $f[n]=\sum_{i=0}"{k+1} f[ilfrac{\prod_{j=0,j\neq i} " {k+1}(n-j)}{\prod_{j=0,j\neq
i}~ {k+1}(i-))}$

$\prod_{j=1,j\neq i} ~{k+1}(n-j)=\prod_{j=1}"{i-1}(n-j\prod_{j=i+1}"{k+1}(n-)$0 0 O
O $\times$0 O O

$\prod_{j=0,j\neq i}~ {k+1}(i-j)=i(k+1-i)'(-1)~ {k+1-i}$
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