2025/07/17 19:00 12 003

03

oo

goog

00 $O\left(n~{\frac23}\right)$ OO DO OO ODOODOOODO

gooo

O $f$0%$9$ 0 O OO 0O 0$S(n)=\sum_{i=1}"nf(i)$00 0O $f$0$gs D0 D DO OO OO OO

\begin{equation}\sum_{i=1}"n (Aast g)(i)=\sum_{i=1}"n\sum_{d\mid i}f(\frac
id)g(d)=\sum_{d=1}"n \left(g(d)\sum_{k=1}"{\Ifloor\frac nd\rfloor}f(k)\right)=\sum_{d=1}"n
g(d)S(\Ifloor\frac nd\rfloor)\end{equation}

aoo

\begin{equation}\sum_{i=1}"n (f\ast g)(i)=9(1)S(n)+\sum_{d=2}"n g(d)S(\Ifloor\frac
nd\rfloor)\end{equation}

goo

\begin{equation}g(1)S(n)=\sum_{i=1}"n (Aast g)(i)-\sum_{d=2}"n g(d)S(\Ifloor\frac
nd\rfloor)\tag{1}\end{equation}

00000000000000 $(fastg)(n)$0 $g(n)$0000000000000000000O00O
000 $S(n)$0

gooog

0000 $(fastg)(n)$ 0 $g(n)$ 000000 $0(1)$ 000
o000 $S(inspo oo $S(floor\frac nd\rfloor)(d=2\sim n)$[]

00000 $\{x|\exists d\left((2\le d\le n)\land \left(\Ifloor\frac nd\rfloor=x\right)\right)\}\subseteq
\{1,2,3\cdots \Ifloor\sqrt n\rfloor\}\cup\{\Ifloor\frac n2\rfloor \Ifloor\frac n3\rfloor,\Ifloor\frac
nd\rfloor\cdots \Ifloor\frac n{\Ifloor\sqrt n\rfloor}\rfloor\} $[J

0O $miin \{x|\exists d\left((2\le d\le n)\land \left(\Ifloor\frac nd\rfloor=x\right)\right)\}$[]C
\begin{equation}\{1,2,3\cdots \Ifloor\sqrt m\rfloor\}\cup\{\Ifloor\frac m2\rfloor \Ifloor\frac
m3\rfloor,\Ifloor\frac m4\rfloor\cdots \Ifloor\frac m{\Ifloor\sqrt m\rfloor}\rfloor\} \subset\{1,2,3\cdots
\Ifloor\sqrt n\rfloon\}\cup\{\Ifloor\frac n2\rfloor\Ifloor\frac n3\rfloor\Ifloor\frac n4\rfloor\cdots
\Ifloor\frac n{\Ifloor\sgrt n\rfloor}\rfloor\}\end{equation}

0000 $m\tn$fo O

\begin{equation}\{1,2,3\cdots \Ifloor\sqrt m\rfloor\}\subset\{1,2,3\cdots \Ifloor\sqrt
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n\rfloor\}\end{equation}
O $m=\lfloor\frac nd\rfloor$[]C]

\begin{equation}\{\Ifloor\frac n{2d}\rfloor \Ifloor\frac n{3d}\rfloor \Ifloor\frac n{4d}\rfloor\cdots
\Ifloor\frac n{\Ifloor\sgrt m\rfloor d}\rfloor\} \subset \{\Ifloor\frac n2\rfloor \Ifloor\frac
n3\rfloor,\Ifloor\frac n4\rfloor\cdots \Ifloor\frac n{\Ifloor\sqrt n\rfloor}\rfloor\}\end{equation}

000000000000 0000000 $0(sqrtn)$ 00 00O $\{1,2,3\cdots \Ifloor\sgrt
n\rfloor\}\cup\{\Ifloon\frac n2\rfloor\Ifloor\frac n3\rfloor \Ifloor\frac n4\rfloor\cdots \Ifloor\frac
n{\Ifloor\sqrt n\rfloor }\rfloor\}$

0000000000000 000000000 $0(\sqrtn)$0 000000

\begin{equation}\sum_{i=1}"{\Ifloor\sqrt n\rfloor}\left(O(\sqrt i)+O\left(\sqrt {\frac
nit\right)\right)=0\left(\int_{x=1}"{\sqrt n}\sqrt x+\sqrt {\frac
nx}\mathrm{d}x\right)=0\left(n” {\frac 34 }\right)\end{equation}
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